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We demonstrate a passively mode-locked all-fiber laser incorporating a piece of graded-index multimode fiber as a
mode-locking modulator based on a nonlinear multimodal interference technique, which generates two types of
coexisting high-energy ultrashort pulses [i.e., the conventional soliton (CS) and the stretched pulse (SP)]. The CS
with pulse energy as high as 0.38 nJ is obtained at the pump level of 130 mW. When the pump increases to
175 mW, the high-energy SP occurs at a suitable nonlinear phase bias and its pulse energy can reach 4 nJ at
a 610 mW pump. The pulse durations of the generated CS and SP are 2.3 ps and 387 fs, respectively. The theory
of nonlinear fiber optics, single-shot spectral measurement by the dispersive Fourier-transform technique, and
simulation methods based on the Ginzburg–Landau equation are provided to characterize the laser physics and
reveal the underlying principles of the generated CS and SP. A rogue wave, observed between the CS and SP
regions, mirrors the laser physics behind the dynamics of generating a high-energy SP from a CS. The proposed
all-fiber laser is versatile, cost-effective and easy to integrate, which provides a promising solution for high-energy
pulse generation. © 2019 Chinese Laser Press

https://doi.org/10.1364/PRJ.7.000187

1. INTRODUCTION

A temporally or spatially localized soliton can arise in numerous
Kerr media resonators, stemming from the interaction between
linear and nonlinear processes [1,2]. The temporal soliton
formed in fiber lasers plays a vital role in telecommunications,
biology, and photonics [3,4]. In soliton fiber lasers, rich pas-
sively mode-locked dynamics guide the pulse behaviors
[3–6]. For example, with nonlinearity-balanced dispersion, a
soliton-shaped pulse for anomalous dispersion cavity products
that follows Kelly sidebands on the spectrum, is called a con-
ventional soliton (CS) [3]. A dissipative soliton (DS) acting as a
soliton-like entity will occur in a normal dispersion cavity with
the existence of gain and loss [4]. However, a different pulse-
shortening mechanism can coexist and compete in a resonant
cavity. Because of the dispersion shift induced by a high non-
linear phase or fiber-based Lyot filter function, a dispersion-
managed soliton, even a CS, can be obtained in a large normal
dispersion fiber laser [5,6]. A mode-locked laser can show
rich dynamic structures, which depend on the operational
conditions of an optical cavity [7].

It is well known that a temporal soliton can be generated in
passively mode-locked fiber lasers by combining a gain medium
and a nonlinear loss element, generally a mode-locking modu-
lator inside the resonant cavity [8–10]. To realize passively
mode-locked fiber lasers, the mode-locking modulator should
possess the ability of intensity discrimination, which can dis-
criminate against the low-power signals and make high-power
ones undergo minimal influence. Various technologies have
been used to play the role of a mode-locking modulator, includ-
ing nonlinear polarization rotation [11,12], semiconductor
saturable absorber mirrors [13], carbon nanotubes [14,15],
and two-dimensional (2D) materials [16–19]. Recently, the
nonlinear multimodal interference (NL-MMI) technique, usu-
ally based on multimode fiber, has been proposed for ultrashort
pulse generation [20–22]. Compared to traditional mode-lock-
ing modulators, an NL-MMI-based modulator possesses the
potential advantages of operation for a higher peak power level
and an instantaneous response time [20]. Numerous research-
ers have focused their efforts on NL-MMI-based fiber lasers for
ultrashort and high-energy pulse generation [23–25]. Ahsan
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and Agrawal theoretically predicted that a fundamental graded-
index soliton as short as 100 fs can form and propagate over
distances beyond 1 km in multimode fiber [23]. Wang et al.
proposed a 416 fs CS mode-locked fiber laser at 1591 nm with
a graded-index multimode fiber (GIMF)-based mode-locking
modulator, with a maximum pulse energy of 0.11 nJ [24].
Teğin and Ortaç demonstrated a DS mode-locked fiber laser
at 1030 nm with a 5 ps duration and 0.13 nJ energy by com-
bining GIMF and step-index multimode fiber [25]. To date,
the pulse duration has reached the order of 100 fs; however,
the pulse energy is still limited and does not go beyond lasers
based on traditional modulators. Therefore, it is desirable to
completely exploit the advantage of high-energy pulse genera-
tion using an NL-MMI-based mode-locking modulator.

In this paper, a passively mode-locked all-fiber laser is dem-
onstrated based on an NL-MMI technique using GIMF, which
generates a high-energy CS and stretched pulse (SP) and makes
them coexist. The pulse energy of the CS reaches 0.38 nJ and
that of the SP is as high as 4 nJ, which is the record of output
energy using an NL-MMI technique. Meanwhile, the pulse
durations of the generated CS and SP are 2.3 ps and 387 fs,
respectively. The proposed all-fiber mode-locked laser is
versatile and can deliver CSs and SPs, is cost-effective, and
offers easy integration, which paves the way for high-energy
pulse generation.

2. GIMF-BASED MODE-LOCKING MODULATOR

The diagrammatic sketch of a GIMF-based modulator is illus-
trated in Fig. 1, where the light beam is injected into a multi-
mode fiber from a spliced single-mode fiber (SMF-28) and
coupled into the other identical SMF2. Here, we only consider
the radially symmetric modes (m � 0) in the GIMF. When a
standard single-mode light seeds a multimode fiber, a number
of modes are excited and the interference between the modes
occurs. In the linear limit, the transmission varies periodically
along the above-mentioned structure. However, the transmis-
sion will be changed when the nonlinear effects cannot be ne-
glected. In this case, an additional phase mismatch between the
excited modes is accumulated, contributing to variations in the
coupling efficiency between GIMF and SMF2, as shown in
Fig. 1. Therefore, the GIMF-based modulator can discriminate
against the low-power signals and slightly influence the high-
power ones when the length of the GIMF is matched with a
period of MMI, Lodd � �2q � 1�Z �λ�∕2 (q is an integer),
where Z denotes the oscillating period because of MMI
between the modes in the GIMF [20,22].

To verify the function of nonlinear intensity modulation,
Fig. 2(a) depicts the behaviors of the transmission τ under
our experimental conditions, which is expressed as [20]

τ � 1

P2
0
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p

jAp�z�j2: (1)

Here, P0 and Ap denote the total power in GIMF and the
electric field amplitude of mode LGp0, respectively. To simplify
the problem, we assume that the output of SMF1 only seeds
the three lowest-order modes (LG00, LG10, and LG20) in the
GIMF with the SMF centrally aligned with the GIMF.
Figure 2(a) shows that the transmission increases to τmax with
the power increased, following with rapid oscillation before the
maximum value. Figure 2(b) plots the change of relative trans-
mission [δτ∕τ � �τnonlinear − τlinear�∕τ] between the nonlinear
and linear cases, which can act as a relative metric for the non-
linear modulator function. It indicates that relative transmis-
sion can be switched through fine-tuning a length of the
GIMF, such as stretching the GIMF. In the tuned range
of [−300 μm, 300 μm], δτ∕τ reaches its peak value with
δL � 170 μm. This result is evidence that the GIMF-based
structure verifies the easy integration and cost-effective mode-
locking modulator in a mode-locked fiber laser.

3. EXPERIMENTAL RESULTS AND DISCUSSION

A. Coexistence of High-Energy Mode-Locked Pulses
The GIMF-based modulator is assembled in a passively mode-
locked erbium-doped fiber laser operating at a 1590 nm wave-
length for high-energy pulse generation. The experimental
schematic diagram of the laser is presented in Fig. 3. The gain
medium is an ∼18.5 m long erbium-doped fiber (EDF). The
fiber laser is pumped by two 980 nm laser diodes (LDs) with a
maximum total output of 1 W, which are coupled into the
cavity via a polarization-independent, tap-isolator-wavelength-
division multiplexer (PI-TIWDM) and a WDM, respectively.
The PI-TIWDM combines the functions of isolator, WDM,
and optical coupler. The GIMF-based modulator is glued
along the length direction of a polyurethane right-angled tri-
angle with a length, width, and thickness of 31, 5, and 0.5 cm,
respectively. The triangle is fixed at the optical table and the
motion is controlled by a translation stage to induce a varied
length by tension from 0 to 25 mm with the precision of
20 μm. The typical dispersion parameters of EDF, SMF,
and GIMF are −16, 17, and 22 ps/(nm·km), respectively.
The length of the cavity is ∼37 m, and the total cavity
dispersion is about −0.024 ps2, which is a typical regime of
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Fig. 1. Schematic structure of SMF–GIMF–SMF. Blue and red
lines denote light under a linear (low power) and a nonlinear (high
power) case, respectively.
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Fig. 2. (a) Transmission is plotted as a function of peak power with
the GIMF-length of 30 cm; (b) a relative metric for pulse power
discrimination with the length of GIMF LGIMF � 30 cm� δL.
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SPs [6]. The 10% output extracts the laser for measurement.
The left inset in Fig. 3 plots the nonlinear power-dependent
transmission, expressed as T � α0 · sin2�I∕I sat� � α1, where
α0, I sat, and α1 denote modulation depth, saturation intensity,
and minimum transmission, respectively. The measurement
gives I sat and α0 of 0.75 GW∕cm2 and 1.8%, respectively.
The right inset is the microscopy image of the GIMF-based
modulator, and it clearly shows the position of splicing between
GIMF and SMF.

We note that no mode-locking operation is observed by
replacing the GIMF-based modulator with an SMF of
∼30 cm. After the modulator is inserted into the cavity, the
CS is generated when the translation stage moves 14.21 mm
and the pump power increases to 40 mW. When only one
LD switches on and the pump increases up to 175 mW,
the other distinct mode-locked pulse, the SP, can also be ob-
tained at a suitable PC state. The typical characterizations of
CSs and SPs are shown in Fig. 4, which are measured at pumps
of 110 and 457 mW, respectively. As shown in Fig. 4(a), the
optical spectrum of the pulse is described by the appearance
of clear Kelly sidebands, which is the typical feature of CSs in
an anomalous dispersion regime. Different from the CS, no
sidebands are observed on the spectrum of the SP, as shown
in Fig. 4(b). Note that the central wavelength of the SP
(1593.3 nm) has a red-shift, compared to that of the CS

(1592.8 nm). The bandwidths of the CS and SP are 6.35
and 10.54 nm, respectively. The autocorrelation trace of the
CS in Fig. 4(c) indicates that the pulse duration is 2.3 ps with
a sech2 fit. Figure 4(d) illustrates the autocorrelation curve of
the SP and gives a pulse duration of 387 fs by fitting with a
Gaussian function. The presented pulse of the CS is chirped
with a time bandwidth product (TBP) and chirp parameter
of 1.7 and 0.92, respectively. The TBP and chirp parameter
of the SP are calculated as 0.469 and 0.24, respectively, indi-
cating the pulse chirped slightly. The stable single-pulse oper-
ations are verified by the pulse trains with a 4 μs scan range, as
shown in the left insets of Figs. 4(c) and 4(d). The correspond-
ing radio frequency (RF) spectrum of the CS (SP) with a fun-
damental frequency of 5.562 MHz (5.559 MHz) is matched
with the pulse separation of ∼180 ns. The results are robust
without hypermode oscillation.

The output power and pulse energy of the laser as functions
of the launched pump power are shown in Fig. 5. When the
pump power locates in the range of 25–130 mW, the CS can
stably exist in the cavity. The pulse energy of the CS increases
near linearly with the pump power in region A, and the maxi-
mum pulse energy of the CS is 0.38 nJ at a pump of 130 mW.
To further increase the pump power, the operation of the CS
transforms into the multipulse state (region B). When the PC
state is varied, the polarization-dependent loss causes pulse en-
ergy fluctuations [7,26,27], and the SP pulse rises at a pump
above 175 mW. Considering that the GIMF-based modulator
plays a role in spectral filtering, the pulse chirp varies with op-
erational conditions [28–30]. With the pump in the range of
175–610 mW, the SP pulse can stably operate in the optical
cavity at a suitable PC state. We note that the slope efficiency
varies when the pump is above 500 mW, which results from the
second LD switched on and the accuracy difference between
the two LDs. In region C, a maximum average output power
of 22 mW is achieved at a 610 mW pump, and the correspond-
ing pulse energy is as high as 4 nJ, which is higher than most of
the 1D and 2D material mode-locked fiber lasers. Then, with
the pump power increasing, the SP becomes multipulse.
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Fig. 3. Experimental setup of the passively mode-locked fiber laser.
Inset: nonlinear power-dependent transmission (left) and microscopy
image of a GIMF-based modulator.
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As we all know, the CS energy is limited by the soliton area
theorem, and is inversely proportional to the nonlinearity of the
optical resonator. Thus, the soliton energy is limited to ∼0.1 nJ
in standard fiber [4]. However, in our experiment, the CS en-
ergy can reach 0.38 nJ, which is about fourfold higher than the
theoretical limit. First, the large core diameter and smaller non-
linear refractive index (n2) of GIMF can decrease the nonlinear
coefficient of the optical resonator. Second, the GIMF-based
structure has the advantage of operating at a much higher
power strength [20], and it performs the sufficient role of
modulating laser along a ∼30-cm-length GIMF, which can
be seen in Fig. 2. In our experiment, the mode-locking modu-
lator has a high damage threshold of >560 μJ∕cm2. Therefore,
the high-energy pulses (i.e., the CS and SP), can be obtained in
our fiber laser.

B. Mechanism of Mode-Locking Transition
Because the CS is chirped with C � 0.92, the total cavity
dispersion under CS operation can be obtained by [31]

D2 � β2L � 4πmT 2
0 − 2Cg0T

2
2L

�3.57Δf mT FWHM�2 � 1 − C2 :

Here, Δf m, g0, L, and T 2 denote the frequency separation
from the central frequency to the m-order sideband, the average
small-signal gain coefficient over the cavity length, the total
length of the cavity, and the curvature of the gain spectrum
at the lasing wavelength, respectively. Under CS operation,
the total cavity dispersion is calculated as −0.343 ps2, which
is much large than the value of −0.024 ps2. This phenomenon
can be expressed by the modal group delay, which is a key prop-
erty governing the modal dispersion of a pulse in GIMF. For
the α-law GIMF, α (calculated as 2.1007) is chosen to mini-
mize the multimode dispersion, and the group delay dispersion
between modes is small for angularly symmetric modes
(m � 0) [32]. Therefore, the group delay induced by the prin-
cipal modes (PMs) excited in GIMF is the key factor that re-
sults in this phenomenon, and the PMs show the polarization
sensitivity and linear dependence between group delay and
short GIMF length [33]. The bandwidth BW of the filter in-
duced by PC and a given continuous bend in GIMF is
expressed as BW ∝ λ∕Δφ [34], where Δφ denotes the phase
delay between PMs in GIMF. As discussed above, the
dispersion for the CS (−0.343 ps2) is larger than for the SP
(−0.024 ps2), which means that the dispersion-managed soli-
ton possesses a relatively small phase delay Δφ. In other words,
the optical bandwidth of the SP is larger than the CS, which
agrees well with our experiments.

Therefore, the mode-locking operations’ transition from the
CS to the SP regime is attributed to the interaction of the
dispersion and complicated nonlinear effects in GIMF. When
the propagation constant mismatch between modes is larger than
the average inverse nonlinear length under low pump power, the
CS is generated in the anomalous dispersion region (−0.343 ps2)
with a suitable PC state. When the pulse peak power increases to
a certain value, the accumulated temporal walk-off leads to a de-
crease in the modulation depth and bandwidth of the filter, and
the excess nonlinearity results in collapse of the CS operation.
With the pump increased further, the operation steps into the
near-zero dispersion regime (−0.024 ps2), as long as the modal

group delay resulting from PMs is suppressed by the PC in the
laser cavity. In this case, the parametric processes provide a large
gain and the intermodal four-wave mixing is suppressed, gov-
erned by a single beat length, where the stability of the SP is
improved, as shown by the RF spectra in Figs. 4(c) and 4(d).

To gain insight into the two types of dynamic evolutions,
we observe their real-time spectra by the dispersive Fourier-
transform (DFT) technique. The detailed measure method
can be seen from our previous work [10]. The length of
dispersion-compensating fiber (DCF) used in the experiment
is ∼3 km, which supports a total group delay dispersion of
586 ps2. Figure 6 plots several discontinuous spectra from
real-time spectral measurements of CS and SP. We can see
a phase of spectral broadening before mode-locking, such as
Fig. 6(b). From Fig. 6(a), we find that a distinct sideband cen-
ters at ∼1585 nm, corresponding to that of Fig. 4(a). Because
of the loss of DCF and the narrow bandwidth of the sidebands,
the sidebands measured by DFT decrease greatly in amplitude.
The displayed data sets show us some main information. First,
there are no signs of overshoot events in the intracavity energy
during mode-locking transition, which is quite different from
Herink’s observations [35]. This phenomenon indicates that
the NL-MMI resulting from an SMF–GIMF–SMF structure
arrests the temporal walk-off between pulses by altering the
transient energy in the GIMF-based modulator, which con-
firms the explanation above. Second, we note that the spent
time in the transient process of a CS pulse is greater than that
of a SP (about 6000 roundtrips; i.e., ∼6000 RTs), which

Fig. 6. Real-time observations of spectral dynamics of (a) a CS and
(b) a SP. Inset: continuous real-time spectra measured by the DFT.
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indicates that the rate of selecting modes and suppression of
perturbation are different between a CS and a SP. Furthermore,
we find that the spectra broaden rapidly among the transient
process of a SP, being distinct from that of a CS in Fig. 6(a),
which goes through a phase of a metastable state with
∼9000 RTs, and then the spectral bandwidth broadens and
the energy rises to reach stability. In the inset of Fig. 6(a),
spectral breathing can be seen among the metastable state,
which indicates the soliton power instability in this regime.

A chaos regime exists between the CS and SP regimes in our
experiment, as shown in Fig. 7, which plays a vital role in the
generation of high-energy pulses. A rogue wave is a pulse of
huge peak power, which can chaotically appear in the laser cav-
ity [36]. It is the main mechanism for generating a rogue wave
that transfers the background energy into a single strong wave,
and a rogue wave is one of the ultimate methods to govern the
generation of a high-energy pulse in modern optics, especially
in the generation of high-energy SP from lower-energy CS in
our experiment [37]. The observation of a rogue wave in our
experiments mirrors laser physics behind the formation of a
high-energy SP, which provides a new insight into the gener-
ation of a high-energy pulse. Figure 7 shows the measurements
of a rogue wave by the DFT technique at the transition regime,
which considers 100,000 roundtrips of pulse dynamics for the
statistical distribution. Figure 7 indicates some features. First,
the biggest rogue pulses (intensity of 2.5) exceed the significant
wave height (SWH, 0.99) by a factor of >2.5; second, the
rogue wave appears and disappears spontaneously, as shown
in the inset of Fig. 7; and third, the statistical distribution is
L-shaped with long tails [36,37].

To gain a broader understanding of our experimental phe-
nomenon and modify the computational demands, we numeri-
cally simulate the evolution of passively mode-locked pulses
in fiber lasers using the Ginzburg–Landau equation [6,38].
Considering the spectral filtering of GIMF [25,28], we add
a spectral filter in the simulation. In the simulation, we select
a sine2-type transfer function to model the mode-locked modu-
lator, matching with the measured results. Considering the cou-
pling efficiency, we add the linear loss α � 0.375 to the model.
Our numerical results show that two types of pulses can coexist
and compete in a mode-locked fiber laser. With a pump
strength of Es � 60 nJ, the SP with a narrow pulse width is

obtained, as shown in Fig. 8(b). When the cavity loss and
pump level are varied, the function of spectral filtering weakens
and the soliton formation reshapes the pulse into a chirped
pulse, which is plotted in Fig. 8(a). Figures 8(c) and 8(d) plot
the intensity evolutions of the CS and SP along the roundtrip,
respectively. The rates of spectral broadening are different be-
tween the CS and SP. Because of the relatively low amplitude of
the sidebands, they are invisible from the CS evolution process
in the linear coordinate. Figure 8(c) reveals that the oscillation
of spectral bandwidth exists before the stable state, correspond-
ing to the metastable state in the inset of Fig. 6(a).

4. CONCLUSION

To summarize, a piece of GIMF is inserted in an all-fiber laser
for passively mode-locking based on an NL-MMI technique,
which generates a coexisting high-energy CS and SP. The pulse
energy of the CS reaches 0.38 nJ at 130 mW pump power, and
that of the SP is as high as 4 nJ at a 610 mW pump. The pulse
durations of the generated CS and SP are 2.3 ps and 387 fs,
respectively, and the corresponding spectral bandwidths are
6.35 and 10.54 nm, respectively. Because of the functions
of spectral filtering in the GIMF-based modulator, the band-
width of the filter varies with the pump level and loss in the
cavity, helping reshape the pulse into the other type and chang-
ing the chirp of the pulse. The experimental and simulation
results reveal that two types of dynamic evolutions coexist in
the laser cavity. The presented mode-locked all-fiber laser shows
a high damage threshold >560 μJ∕cm2, resulting from the ad-
vantage of GIMF. Compared to a recent report [39], the rogue
wave observed in our experiments mirrors the laser physics be-
hind the formation of high-energy SP, which provides a new
insight into the generation of a high-energy pulse. This cost-
effective, all-fiber mode-locked laser offers easy integration and
is versatile enough to deliver a CS and a SP, which would play a
vital role in high-energy pulse generation.
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