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A new transfer matrix method for long-period fiber gratings with coupled multiple cladding modes is
proposed and numerically characterized. The transmission spectra of uniform and non-uniform long-
period fiber gratings are numerically characterized. The theoretical results excellently agree with the
experimental measurements. Compared with commonly used methods, such as using the fourth-order
adaptive step size control of the Runge-Kutta algorithm in solving the coupled mode equation, the new
transfer matrix method exhibits a faster calculation speed.
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Long-period fiber gratings (LPFGs) have found many
applications in optical communication systems and op-
tical sensor systems because of their capability to in-
duce coupling between core and cladding modes at res-
onant wavelengths[1−4]. LPFG can be used as mode
converters[5], rejection filters[6], gain-flattening filters for
erbium-doped fiber amplifiers[7], and optical fiber sen-
sors for strain[8], temperature[9], and refractive index
measurements[10].

The commonly methods used in the analysis of
the spectral characteristics of LPFGs and fiber Bragg
gratings (FBGs) include the transmission matrix
method (TMM) and solving the coupled-mode equations
(SCMEs)[11−13]. The traditional TMM enables the anal-
ysis of uniform and non-uniform LPFGs and FBGs when
only two modes are considered[14,15]. SCME using the
fourth-order adaptive step size control of the Runge-
Kutta algorithm enables the determination of the spec-
tra of uniform and non-uniform-structure LPFGs when
multiple modes are taken into account. In this letter, a
new TMM for LPFGs with coupled multiple cladding
modes is proposed and numerically characterized. In
this new type of TMM, we can analyze the uniform and
non-uniform coupled modes observed between the core
mode and the multiple cladding modes. Additionally, the
proposed method is simple to implement, almost always
sufficiently accurate, and generally faster than SCME.

The coupled-mode equations that describe the co-
propagating interactions in a LPFG are given as[14]
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where Aco is the amplitude for the core mode, Acl de-
notes the amplitude for cladding mode HE1v, kco−co
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the coupling constant for core mode–core mode, m is the
induced-index fringe modulation (06m61), and kcl−co
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where βco
01 and βcl

1v are the propagation constants of the
core mode and cladding mode, and Λ is the grating pe-
riod.

If Sv is defined as

Sv = Acl
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the following equations should be obtained:
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Then, the matrix form of Eq. (3) can be expressed as
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Thus, the transmission matrix of the uniform LPFG can
be expressed as

T = eFL, (7)
where L is the grating length.

For non-uniform LPFGs, the grating can be divided
into hundreds of segments, and every segment can be
considered uniform. The transmission matrix of the ith
segment can be expressed as

Ti = eFLi , (8)

where Li is the length of the ith segment. The total
transmission matrix of the grating can be expressed as

T = T0 T1 · · ·TN . (9)

We analyze the transmission spectra of LPFGs using
the TMM described above. The fiber considered has
a step-index profile and a three-layer structure. The
parameters of the fiber are as follows: core radius r1 =
2.625 µm, cladding radius r2 =62.5 µm, core index n1=
1.458, cladding index n2 = 1.45, and air index n3 =1.0.

To verify the accuracy of the new TMM, a relatively
weak uniform LPFG is analyzed. The transmission spec-
trum of this grating is shown in Fig. 1. The grating
parameters are grating period Λ = 396 µm, grating
length L = 50 mm, and a peak induced index change of
0.00019. The single resonance that is visible within the
plotted wavelength range is associated with coupling to
the v = 1 cladding mode. Using Fig. 11 in Ref. [14] for
comparison, we can conclude that the theoretical results
calculated by the new TMM excellently agrees with the
experimental measurements.

Figure 2 shows the calculated transmission spectrum

Fig. 1. Theoretically calculated transmission spectrum using
a relatively weak uniform grating.

Fig. 2. Theoretical transmission spectrum calculated using
the proposed TMM (solid line) and traditional TMM (dashed
line) using uniform grating.

Fig. 3. Theoretical transmission spectrum calculated using
the proposed TMM (solid line) and SCME (dotted line) us-
ing a Blackman apodization grating.

Fig. 4. Computing times for the proposed TMM (N) and
SCME (M).

(solid line) for the relatively weak uniform grating with
a length of 25 mm and a peak induced index change of
0.0001. The five main dips observed in the spectrum cor-
respond to coupling to the v =1, 3, 5, 7, and 9 cladding
modes. In this case, the grating period is adjusted to
470 µm to induce coupling at 1 550 nm between the LP01

core mode and the v =7 cladding mode.
Compared with the traditional TMM, the advantage

of the proposed TMM is that coupled multiple cladding
modes can be calculated to analyze the transmission
characteristics of LPFGs. For comparison, we calcu-
late the transmission spectra using the traditional TMM
(Fig. 2, dashed line). On the basis of the figure, we con-
clude that the accuracy of the coupled wavelength of the
new TMM matches that of the traditional TMM. The
value in the dotted line is calculated five times, and each
time only one cladding mode is considered because of the
drawback of the traditional TMM.

Compared with the method in which the coupled mode
equation is solved using the fourth-order step size of the
Runge-Kutta algorithm, the advantage of the proposed
TMM is that it enables the analysis of the transmis-
sion characteristics of non-uniform LPFGs at a faster
speed. The theoretical results calculated using a Black-
man apodization LPFG are shown in Fig. 3. It indicates
that the two methods exhibit almost the same accu-
racy. The comparison of the calculation speeds of the
two methods is shown in Fig. 4; computation times at
different cladding modes are considered. These results
show that the calculation speed using the proposed TMM
is faster than that of SCME.

The theoretical spectrum calculated using the pro-
posed TMM and by SCMEs for the non-uniform LPFG is
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Fig. 5. Theoretical transmission spectrum calculated using
the new TMM (solid line) and SCME (dotted line) using non-
uniform period grating.

illustrated in Fig. 5, in which the grating period linearly
changes from 460 to 480 µm along the grating length.
In this figure, the results computed using the new TMM
agree with those computed by SCME. The fiber and
grating parameters in Figs. 3 and 5 are the same as
those in Fig. 2.

In conclusion, a new transfer matrix method for LPFGs
with coupled multiple cladding modes is proposed. The
transmission spectra of uniform and non-uniform LPFGs
are numerically characterized. The theoretical results
excellently agree with the experimental measurements.
Compared with SCME using the fourth-order adaptive
step size of the Runge-Kutta algorithm, the new TMM
exhibits a faster calculation speed. We anticipate the
proposed method to serve an important function in the
design and fabrication of LPFG filters and sensors.
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